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127 PHUONG TRINH LUONG GIAC

CAC PHUONG TRINH LG
TRONG BO PE THI TS VAO PH VA CP

. 10
+ sinx + — = —
COS X sin x 3

1. cosx +

2. log3(sin§ - sinx) + log, (sin%+cos 2x) =0

2 \ i 3 — i .
3. Tim cacgiatrix € (0; %) thoa phuong trinh: SMIXTINY _ Gin2x + cos2x

V1—cos2x

+1+3a=0

4. Cho pt: (1- a)tg’x -
Cos X

2 . 1
a) Giaiptkhia= 5
b) Tim tat ca cac gia tri tham so a dé pt da cho c6 hon mét nghiém € (0;
%)
2
5. Giai pt: 2cosx - |sin x| =1
1 1

cosx sinx
Giai pt: tgx +tg’x + tg’x + cotgx + cotg’x +cotg’x = 6
cos’4x = cos3xcos’x + sin3xsin’x

Giai va bién luan theo k pt: =k

L F A

< " 3z » . .
Tim nghiém x € ( - e 7r) cua pt: a’sinx - asin’x - a’cosx + acos’x = cosx -

sinx
10. Cho pt cos2x— (2m + 1)cosx + m+ 1 =0

a) Giai pt khim = %

9 2 2 o2 . P 2 LN 3
b) Tim tat ca cac gia tri m deé pt c6 nghiém € (%; 77[)
11. Xac dinh a dé hai pt sau tuong duong:
2cosxcos2x = 1 + cos2x + cos3x

4cos’x — cos3x = acosx + (4 — a)(1 + cos2x)
12. Giai bat phuong trinh: 4(x® — 2x + 1)(sinx + 2cosx) > 9 ‘x3 —2x+ 3‘
13. Xac dinh a dé pt sau c6 nghiém: cos’x + sin‘x = asin 2x]

14. Tim min, max y = \/5 sinx + cosx = 2x+3

15. Tim nghiém cua pt sin((x+1)y) = sin’xy + sin’(x-1)y biét riang (x+1)y, xy, (x-
1)y la so do cac goc cua mot tam gidc. beé 149
Giai: (x+1)y +xy + x-1)y= 7 ©xy = 7/3
x+)y=xy+y=7/3+y=>0<7/3+y<27/3
Suyra:- 7/3<y< 7/3
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27.

28.

29.

*#% Chi y rang: cos2(x,+ X,) =

30.
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x-)y=xy-y=7x/3-y

Giai pt sin’x + cos’x = 2 —sin*x bé 150
sin xcosy =1/4 .
Giai hé pt: be 12
3tgx =1gy
tgx +cotgx =2sin(y+7z/4 .
Giai he pt: | /&* T Co8¥=2sin(y+7/4) Pé 23
tgy+cot gy =2sin(x—7x/4)
Cho pt ———+37g°x + m(tgx +cotgx) —1=10
sin” x
a) Giai ptkhim=4
b) Tim m dé pt c6 nghiém. Pé 13
2cosz3—x +1= 3cosﬂ béls
5 5
Tim cac nghiém x € (%; 37) cua pt sin(2x + 577[) - 3cos(x - 777[) =1 + 2sinx

béle

J2 (2sinx — 1) = 4(sinx — 1) — cos(2x + 7/4) —sin(2x + 7/4) Del17

3cosx + 4sinx + 6 ‘ =6 bel8
3cosx+4sinx+1
8sin’xcosx = 3 +— ! Pé 22
cosx sinx
) 1 .
sin x +cos x =—+sin y —cos y
Gii he pt: 2 Pé 32

2sin2x=%+sin2y

sinx+siny=\/§

Giai he pt: bé 33
COSX+Ccosy= V2
X— y =m 4 .
Cho hpt: 5 Tim m dé hé co nghiém. Tim
2(cos2x+cos2y)—1—4cos"m=0

nghiém do. bé 65
tgy —tgx—tgxtgy =1
cos 2y+\/§cos 2x=-1

Cho pt: msinx + (m+1)cosx = m/cosx
a) gptkhim=1/2
b) Gia sir m la gia tri lam cho pt ¢6 nghiém. Goi x,, X, 1a hai nghiém sao
cho x,+ x, # 7/2 + kr. Hay tinh cos2(x,+ x,) bé 145
l—tgz(xl +x,)
lthgz(x1 +x,)

sinx + V2 —sin” x + sinx\2—sin® x =3 bé 146

beé 75
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6 - 6
+
31. Cho pt: W=2mtg2x
cos” x—sin” x

a) Giaiptkhim=1/8

b) Vi gia tri nao cuia m thi pt ¢c6 nghém bé 147
, 1—cos |x| R
32, tex= — 1 Pé 133
1—sin |x|
33. cos3xcos’x + sin3xsin’x = /2 /4 bé 135
«.. 3
2 ’, 2 2 TN k4 1 A
34. Tim tong tat ca cac nghiém xe [0;40] cuia pt: 2cos’x + cotg’x = w Pé
sin” x
136
. RY/4 3 2 o
35. 25in(3x + =) = J1+8sin 2xcos?2x Pé 25

36. a) sin2(x - 7) —sin(3x - 7) = sinx
b) Tim a dé pt sin2(x - 7) —sin(3x - 7) = asinx c¢6 nghiém x # k7 Dé 28

37. ! +‘1 =_2 be 30
cosx sin2x sin4x
38. tg’2xtg’3xtg5x = tg’2x - tg’3x + tg5x bé 34
sin® X = COS XCOS y .
39. be 79
cos’ x =sinxsin y
)
sin” x+mtgy =m
40.Chohe: { &
tg°y+msn=m
a) Giai hé khim=1
b) Vi gia tri nao cua m thi hé c6 nghiém be 87
41. tg’x + tg’y + cotg’(x + y) =1 bé 99
42. Cho pt : J1+sinx++/1-sinx =k
a) Giaiptkhik =2
b) Giai va bién luan theo k. be 37
R 2sinx+1 , . . N
43. Tim t sao cho pt: e =t ¢0 2 nghiém thuoc doan [0; 7] be 38
sin x +

44. a) 3cosx + cos2x — cos3x + 1 = 2sinxsin2x (1)
b) Tim tat ca cac gia tri ciia tham som dé pt(1) tuong duong véi pt sau:
mcos3x + (4 — 8m)sin’x + (7m — 4)cosx + (8m —4) = 0 bé 40

45. cos2x - \/§ sin2x - \/5 cosx —sinx +4 =0
46. 2 + 2sinx — 2cos’x - V2 sin( x+ 7/4) = 0
47. Cho pt sinx + mcosx = 1 (1)

a) Giaiptkhim=-3

b) Tim m dé pt (1) vo nghiém.

¢) Xic dinh m dé pt(!) tuong duong véi msinx + cosx = m>. D¢ 42
3(cos2x+cot g2x) Cosindr=2 Dé 45

cot g2x—cos2x)

48.
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49. |cot gx| = tgx + — Pé 46
sin x
. _ 2 _
50. cosx(2smx+3ﬁ) 2cos” x—1 _1 Dé 47
1+sin2x
. 2 2 . Nix A
51. sin“2x — cos"8x = sm(T + 10x) De 48
52. 3sin3x - v/3 cos9x = 1 + 4sin®3x Pé 49
53. |sin X—CO0S x| + 4sin2x =1 bé 51
54. cosix = cos’x Pé 52
2 2
55. Giai va bién lugn: 270005 _2Va -b tgy Dé 44
sinx 1 +tg’y

56. Cho pt 3cosx + 2|sin x| =k

Giai pt khik = 2, k = 3. Pé 57
57. Tim s6 duong a nho nhat thoa pt: cos( 7 (a’> + 2a —1/2)) - sinra’ Pé 58
58. x> —2xsinxy + 1=0 bé 60
59. Jcos2x + /1 + sin2x =2+/sinx + cosx bé 64
60. V6i nhitng gia tri nao cuia m thi pt sau c6 nghiém:

J1+2cosx ++/1+2sinx =m bé 66

61. 2cos’x + cos2x + sinx = 0 Dé 68
62. 4cosx - 2cos2x — cosdx = 1 bé 69
63. 3tg3x + cotg2x = 2tgx + be 71

sin4x
64. a) gpt (cosdx — c0s2x)* = 5 + sin3x
b)Xac dinh a dé pt sau c¢6 nghiém:
(cosdx — cos2x)* = (a’* + 4a + 3)(a’ + 4a + 6) + 7 + sin3x Pé 74
65. Giai cac pt:  sin’x + cos*(x + 7/4) = 1/4

1 .
(tgx + 1 cotgx)" = cos"x + sin"x, n =2, 3, 4.... be 77

65. a)Cacsox,y,zthoa:x+y+z=nrx
Chirng minh : cos’x + cos’y + cos’z = 1 + (-1)".2cosxcosycosz
b) Giai phuong trinh: 2log;cotgx = log,cosx bé 78
66. a) cos’x —sin*x = |cos x| +|sin x|

¢) Chiing minh ring ton tai mot tam giac ma so do cac géc cia né nghiem

ding
phuong trinh:  (56-65sinx)(80-64sinx-65cos’x) Pé 80
67.1 + sin<sinx - cos<sin’x = 2cos’(£-%) bé 81
68. Xac dinh tham s6 m sao cho phuong trinh sau ¢6 7 nghiém khac nhau thuéc
khoang ( - %;2@ Pé
82

69. a) cos2x — cos6x + 4(3sinx —4sin’x + 1) = 0
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b) (sin*% + 1/sin’% )* + (cos’+ + 1/ cos’% )’ = %cos%x Pé 83

70. |cosx+2sinx—cos3x|=1+2sinx—cos2x bé 86

71. Cho phuong trinh (2sinx — 1)(2¢0s2x + 2sinx + m) = 3 — 4cos’x
a. Giai pt khim = 1.

b. Tim m dé pt c6 ding hai nghiém thuoc [0; 7] dé 89.
7. sin x+sin 2x+sin 3x _J3 90
COs X +c0s 2x +cos3x
73. 6sinx — 2cos’x = dsindxcos x 93
2cos2x
74. sindxcos16x = 1 bé 91
75.Giai va bién luan pt: (m-1)sin’x —2(m+1)cosx+2m-1=0 de 95
76. a) Tim gia tri 16n nhat va nho nhat: y = +/cos x ++/sin x
b) Tim m dé pt sindx = mtgx c6 nghiém khac k = bé 96

77. Cho pt: 6tgx + acotg3x = tg2x
a) Gptvéia=0

b) Gptvéia=5 be 97
3
78. tgix = LS X Dé 100
I-sin"x

79. 1) Cac do dai canh cua tam giac ABC lap thanh mot ciap s6 nhan. chitng minh
rang tam giac d6 khong thé c6 hai goc 16n hon 60°.
2) Gpt: 2(tgx — sinx) + 3(cotgx — cosx) + 5 =0 bé 106
8+/sinxcosx 0. 1) Gpt: \/sinzx - 2sinx + 2 = 2sinx - 1
2) Tam giac ABC c6 cac goc A, B, C theo thit tu lap thanh cap s6 nhan cong

béi bang 2. Chitng minh 1. l+l . bé 107
a b c
81. Gpt: JItcosxtyl-cosy o Pé 108
COS X
- 10 10 - 6 6
$2. Gpt: sin” x+cos” x _ sm2 x+co‘s 2x Dé 109
4 4cos” 2x+sin” 2x

l—cos4x  sin4x
2sin2x  l+cos4dx

83. Giai cac pt: 1)

2) cos’x + sin’x = sinx — cosx Pé110
84. Gpt: v/cos2x ++/1—sin2x = 2+/sin x —cos x be 111
85. 6sinx — 2cos’x = 5sin2xcosx Pé 112
86. sin’x(1 + cotgx) + cos’x(1 + tgx) = 2 Pé 113

87. Cho pt (4 — 6m)sin’x + 3(2m — 1)sinx + 2(m-2)sin’xcosx — (4m — 3)cosx = 0
1) Gptkhim =2

2) Tim m dé pt c6 diing mot nghiém thuéc [0; %] P114

88. Cho pt: 2cosxcos2xcos3x + m = 7cos2x
1) Giaiptkhim=-7
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2) Xac dinh m dé pt c6 nhiéu hon mot nghiém thuoc [—%” ; —%] Ppé 115

89. Tim a, b dé hai pt sau tuong duong:
asin2x + +/2 = 2cosx + a~/2 sinx

2sin’x + c0s2x + sin2x + b = 2bsinx + cosx + 1 bé 117
2 - 2 2
90. Giai va bién luan theo a pt: a —= sin” xta’” =2 be 124
1-1g°x cos2x
91. Gpt: sinx + /3 cosx = \/2 +c082x ++/3sin 2x be 127
92. Giai va bién luan: cosax + cos 2bx — cos(a+2b)x = 1 beé 129
93. Giai pt: sin’x + %sinZSX = sinxsin®3x Pé 131
CAC PHUONG TRINH LG

TRONG CAC PE THI TS VAO PH VA CP TU 2002

94. D2002. Tim x thudc doan [0; 14] nghiém diung phuong trinh:
c0s3X - 4¢0s2x + 3cosx -4 =0
95. B2002. Giai phuong trinh sin®3x - cos’4x = sin?5x - cos’6x
96. A2002. Tim nghiém thuoc doan (0; 2 7) cua phuong trinh:
( . cos3x + sin3x
5| sinx + —mMM—

- j =cos2x + 3
1 + sin2x

97. D2003. Giai phuong trinh sinz(% - gj te?x - 0052% -0

98. B2003. Giai phuong trinh cotgx - tgx + 4sin2x =

sin2x
99. A2003. Tim nghiém thuéc doan (0; 2 7) cua phuong trinh:
COSs2x . 2 1.
cotgx - 1 = + sin"x - —sin2x
I +tgx

100. D2004. Giai phuong trinh (2cosx - 1)(2sinx + cosx) = sin2x - sinx
101. B2004. Giai phuong trinh Ssinx - 2 = 3(1 - sinx)tg’x

102. D2005. Giai phuong trinh cos* + sin*x + cos(x - %) sin (3){ - gj - % =0

103. B2005. Giai phuong trinh 1 + sinx + cosx + sin2x + cos2x = 0
104. A2005. Tim nghiém thuéc doan (0; 2 7) cua phuong trinh:
€0s”3x.€052x - cos’x = 0

sinx
=2

I+cosx
106. D2005 - TK2. Giai phuong trinh sin2x + cos2x + 3sinx - cosx - 2 = ()

105. D2005 - TK1. Giai phuong trinh tg (37“ - xj +

107. B2005 - TK1. Giai phuong trinh 242 cos’ (x - %j - 3cosx - sinx =0
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108. B2005 - TK2. Giai phuong trinh tg (g . Xj tgixe So2x-l
COS X

109. A2005 - TK1. Giai phuong trinh 4sin2% - J3c0s2x = 1 + 2cos> (x - %t j

110. A2005 - TK2. Giai phuong trinh 22 cos® (X - %j - 3cosx - sinx =0

2(c056x + sin6x) - SINXCOSX
111. A2006. Giai phuwong trinh =0

\/5 - 2sinx

112. B2006. Giai phuong trinh ctogx + sinx (1 + tgx.tg %) =0

113. D2006. Giai phuong trinh cos3x + cos2x - cosx - 1 =0

114. A2006 - TK1. Giai phuong trinh: cos3cos’ x—sin3xsin’ x =

2+3\/§
8

115. A2006 - TK2. Giai phuong trinh: 2sin (2)5 - %j +4sinx+1=0

116. B2006 - TK1. Giai phuong trinh: (2sin’ x—1)rg*2x+3(2cos’ x—1)=0
117. B2006 - TK2. Giai phuong trinh: cos2x + (1 + 2cosx)(sinx - cosx) = 0
118. D2006 - TK1. Giai phuong trinh: cos’x + sin’x + 2sin’x = 1

119. D2006 - TK2. Giai phuong trinh: 4sin’x + 4sin’x + 3sin2x + 6¢osx = 0
120. A2007. Giai phuong trinh: (1 + sin®x)cosx + (1 + cos’x)sinx = 1 + sin2x
121. B2007. 1. Giai phuong trinh: 2sin’2x + sin7x - 1 = sinx

2
122. D2007. Giai phuong trinh: (sin§+ cosgj +3cosx=2

123. A2007 - TK1. Giai phuong trinh: sin2x + sinx - —— - — = 2cotg2x
2sinx  sin2x
124. A2007 - TK2. Giai phuong trinh:
2cos’ x+2\/§sin xcosx+1= 3(sinx+\/§cosx)
125. B2007 - TK1. Gidii phuong trinh: 512X 4 92X _ oy cotex
COSX sinx
126. B2007 - TK2. Giai phuong trinh: sin (%—%j - oS (%—%) -2 cos%c

127. D2007 - TK1. Giai phuong trinh: 22 sin(x —%j cosx =1
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